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On p. 26 the limiting distribution result for the number X n of distinct subset sizes
in a random set partition, stated in Example 1, is not valid. It turns out that s2n ¼
VarðX n Þ remains bounded for large n; and therefore the general theorem on p. 20
cannot be used to determine asymptotically the distribution of X n in the case of
random set partitions. We can, however, apply the result of Corollary 1 (p. 15) to
conclude that
s2n ¼ f ðrnÞ  f ðrnÞ þ OðrnF 0ðrnÞ=b1=2ðrnÞÞ;
where r ¼ rn is the solution of the equation rer ¼ n as n-N (see also (4.2), p. 25, for
an asymptotic expansion of rn). Moreover, combining (3.15) and (3.16) on p. 15 with
the asymptotics of the set partition characteristics bðrnÞ; f ðrnÞ and f ðrnÞ given on
pages 25, 26 and 34, respectively, one can easily ﬁnd that OðrnF 0ðrnÞ=b1=2ðrnÞÞ ¼ oð1Þ
as n-N: Thus, the asymptotic expression of s2n possesses the same leading term as
that stated on p. 26, line 9, i.e.
s2n ¼ f ðrnÞ  f ðrnÞ þ oð1Þ: ð1Þ
The asymptotic of this difference is incorrectly determined in the appendix on p. 33.
Below we present the correct form and its proof.
We can again start with the representation on p. 33, line 4:
f ðrÞ  f ðrÞ ¼
XN
m¼1
qmðrÞð1 qmðrÞÞ ¼ S1ðrÞ þ S2ðrÞ þ S3ðrÞ þ S4ðrÞ ð2Þ
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with
qmðrÞ ¼ erm=m!; m ¼ 1; 2; y;
where S1ðrÞ; S2ðrÞ; S3ðrÞ and S4ðrÞ are determined by the decomposition of the index
summation set ½1;NÞ into the following disjoint parts f1; y; r  1g; fm : mA½r; ðe 
erÞrg; fm : mAððe  erÞr; ðe þ erÞrg and fm : mAððe þ erÞr;NÞg; respectively. We
change the value of er here, setting
er ¼ c
r
log
ﬃﬃﬃﬃﬃﬃﬃﬃﬃ
2pre
p
; c ¼ 20e1: ð3Þ
It is then easy to see that
S1ðrÞpðr  1Þ max
1pmpr1
qmðrÞ ¼ ðr  1Þq1ðrÞ ¼ OðrerÞ: ð4Þ
We also let
gr ¼ 1r log
ﬃﬃ
r
p
: ð5Þ
Then, one can obtain in a direct way an asymptotic estimate for qmðrÞ provided
m ¼ Iðe  brÞrmþ d; where Iam denotes the integer part of a; br ¼ er or gr and
dAZ ¼ fy;1; 0; 1;yg: Thus, assume ﬁrst that fðe  brÞg ¼ ðe  brÞr  Iðe 
brÞrm converges as r-N for both values of br: Then, applying Stirling’s formula
and making proper cancelations, we get
qmðrÞ ¼ ð1þ oð1ÞÞ expðefðebrÞrgdþrbr=
ﬃﬃﬃﬃﬃﬃﬃﬃﬃ
2per
p
Þ ð6Þ
as r-N: If the convergence assumption on fðe  erÞrg is violated, then Stirling’s
formula and (3) imply the obvious estimate
qIðeerÞrm ¼ Oðexpðeerr=
ﬃﬃﬃﬃﬃﬃﬃﬃﬃ
2per
p
ÞÞ:
Since S1ðrÞ ¼ OðrqIðeerÞrmÞ; we can therefore conclude that
S2ðrÞ ¼ Oðr expðð2perÞðc1Þ=2ÞÞ: ð7Þ
To obtain an estimate for S3ðrÞ; we set m ¼ Iðe  grÞrmþ d ¼ ðe  grÞr  fðe 
grÞrg þ d: Then from (3) and (5) it follows that
AðrÞ ¼ ð1 cÞ log ﬃﬃrp  c log ﬃﬃﬃﬃﬃﬃﬃ2pep þ fðe  grÞrgpd
p ð1þ cÞ log ﬃﬃrp þ c log ﬃﬃﬃﬃﬃﬃﬃ2pep þ fðe  grÞrg ¼ BðrÞ:
Now, (6) with br ¼ gr implies that
S3ðrÞ ¼ ð1þ oð1ÞÞ
X
AðrÞpdpBðrÞ
expðefðegrÞrgd=
ﬃﬃﬃﬃﬃﬃﬃ
2pe
p
Þ
 ð1 expðefðegrÞrgd=
ﬃﬃﬃﬃﬃﬃﬃ
2pe
p
ÞÞ
provided fðe  grÞrg converges as r-N: Obviously, AðrÞ-N and BðrÞ-N as
r-N: Therefore, if r ¼ rnðkÞ is such that limk-Nfðe  grnðkÞ ÞrnðkÞg exists and is ¼
xA½0; 1 along a subsequence fnðkÞgCfng; then
S3ðrnðkÞÞ-
X
dAZ
expðexd=ð2peÞ1=2Þð1 expðexd=ð2peÞ1=2ÞÞ: ð8Þ
L. Mutafchiev / Journal of Combinatorial Theory, Series A 102 (2003) 447–449448
To get the estimate for S4ðrÞ we may use as previously Odlyzko and Richmond’s
bound [1, p. 179]: 1 qmðrÞ ¼ Oðeerm=10Þ; obtained for mXðe þ erÞr: Furthermore,
recalling (3), we get
S3ðrÞp
X
m4ðeþerÞr
ð1 qmðrÞÞ ¼ O
X
m4ðeþerÞr
eerm=10
0
@
1
A ¼ Oðeerer=10=erÞ
¼Oðr1ec=20= log ﬃﬃrp Þ ¼ Oð1=log rÞ: ð9Þ
Therefore, combining (1) and (2) with estimates (4) and (7)–(9), we ﬁnally conclude
that
s2nðkÞ-
X
dAZ
expðexd=
ﬃﬃﬃﬃﬃﬃﬃ
2pe
p
Þð1 expðexd=
ﬃﬃﬃﬃﬃﬃﬃ
2pe
p
ÞÞ
along each subsequence fnðkÞgCfng such that fðe  grnðkÞ ÞrnðkÞg-xA½0; 1 as k-N:
We point out that the correct form of the limiting distribution of X n is obtained by
Pittel [2].
I also proﬁt of the opportunity to state the correct form of (3.31) on p. 21 that is
really used in the proof of the theorem:
J2ðeu=snÞeumn=sn ¼ oðgnrnnanÞ; n-N;
as well as to correct the power of p on p. 29, lines 3 and 6, from 2 to 3.
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